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Aeroservoelastic Structural and Control Optimization
Using Robust Design Schemes
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Technion—Israel Institute of Technology, 32000 Haifa, Israel

The procedure for structural and robust control design of multi-input/multi-output aeroservoelastic systems
presented contains modeling of uncertainties, synthesis of a robust controller, and a uni� ed structural and control
optimization process under stress, � utter, and control performance constraints. Robust control design techniques
can enhance the preliminary structural design for cases where certain system parameters are not known exactly or
are uncertain. An aeroservoelastic interaction module is used for mediation between the structural optimization
code and the control synthesis tools in an iterative coupled process. It provides the reduced-size state-space aeroe-
lastic models needed for control synthesis, including model sensitivities to structural uncertainties, and integrates
the resulting control model in structural optimization that includes robust-control considerations in terms of sin-
gular value constraints. The ef� cient uncertainty modeling developed is based on the readily available structural
sensitivity data and the linear fractional transformation tools. Modeling of inertial uncertainties of the controlled
structure was performed to account for relatively large inertial deviations of a � ghter aircraft wing-tip missile.
The numerical example clearly demonstrates the effectiveness of the proposed design scheme and its usefulness at
preliminary design stages of aircraft with multiple external store loads.

Nomenclature
[A.:/]; [B.:/]; = state-space matrices
[C.:/]; [D.:/]h

A B
C D

i
= [C][s[I ] ¡ [A]]¡1[B] C [D]

[Ah1;2;3]; [D]; = rational aerodynamic approximation
[E] matrices
b = reference semichord
[DM] = sensitivity of the modal mass matrix to a

normalized uncertainty
F` = lower linear fractional transformation (LFT)
[Gv] = controller gain matrix
[I ] = identity matrix
k = maximum relative mass perturbation
[L i ]; [Lo] = multi-input/multi-output input and output

uncertainty matrices
Ml = LFT matrix for linear uncertainty
Mq = LFT matrix for quadratic uncertainty
[Mhc] = mass coupling matrix between control and

structural modes
[Mhh]; [Bhh ]; = modal mass, viscous damping, and stiffness
[Khh ] matrices
[ NMhh]; [ QM hh] = nominal and perturbed modal mass matrices
m = mass of a perturbed part of the structure
na = number of aerodynamic states
nc = number of control surfaces
nh = number of generalized displacements
ns = number of sensors
q = dynamic pressure
[R] = aerodynamic lag matrix
s = Laplace transform variable
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V = true air speed
W.:/ = weighting functions of controller design
fxg; fug; fyg = state, input, and output vectors
fxag = aerodynamic augmented states
fxacg = vector of actuator states
[1Mhh ] = variation of modal mass matrix
1m = mass variation
f±g = normalized uncertainty
f±cg = control-surfacede� ections
f» g = generalized displacements
¾ f¢g = minimum singular value
fÁgg = normal modes
! = frequency

Subscripts

ac = actuators
ae = open-loop aeroelastics
ase = closed-loop aeroservoelastics
c = control modes or controller
h = structural modes
p = open-loop aeroelastics with actuators
v = gain-open aeroservoelasticsystem

I. Introduction

T HE aeroservoelastic coupling between the aerodynamics,
structuraldynamics,andcontrolsystemsof � ightvehiclesmust

be taken into account in procedures for optimal aircraft design. A
given aerodynamiclayout requires the optimizationof the structural
design variables and parameters of the control system, while simul-
taneously accounting for stress, � utter, and control performance
constraints.1

ASTROS2 was developed to provide a multidisciplinary analy-
sis and design capability for aerospace structures. The disciplines
considered include structural and aeroelastic (AE) analysis. A new
aeroservoelastic (ASE) discipline was recently incorporated into
ASTROS,1 which allows simultaneous optimization of the struc-
tural and control systems. The ASE discipline is based on the AE
state-spaceequationsof motionobtainedusing rational functionap-
proximationof the unsteadyaerodynamicforce coef� cient matrices
and a control systemthat is de� ned in a way that allows themodeling
of most general linear control laws in the ASE loop.

The state-space ASE formulation facilitated the use of modern
control analysis and synthesis methods. Robust-control ¹-analysis
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techniques were applied in ASE analysis by Lind and Brenner.3;4

They showed how model uncertainties can be modeled and used
for calculation of robust stability margins. Their applications were
mainly in the context of � ight-test stability evaluation.

The main objective of the current study is to develop an ef� cient
technique for reliable modeling of the AE system variations caused
by uncertainties in the physical properties of its structural elements
and to apply this methodology in modeling the effects of inertial
uncertaintiesand perturbationsof the aircraft for preliminarydesign
and analysis. This goal is accomplished by incorporating the new
ASE computational module1 in a robust multi-input/multi-output
(MIMO) control design scheme based on the ¹-synthesis approach
and by the evaluation of the performance of this new capability
using realisticdesignstudies.The robustnessof the resultingcontrol
system is utilizedto addressASE model uncertaintiesand variations
in the design and optimization process.

The AE equations of motion and their presentationin state-space
form are summarized in the next section. Then, the procedure of
structural and control optimization of MIMO uncertain systems is
discussed. New formulations for modeling of inertial uncertainties
of the controlled ASE structure based on the structural sensitivity
data and using the linear fractional transformation technique are
presentednext. This modeling procedure is then applied to a sample
aircraft model with uncertainties in its tip-store inertial properties,
followed by a design of a robust roll-rate controller and structural
and control optimization.The numerical example is instrumental in
demonstrating the effectiveness of the proposed multidisciplinary
design procedure.

II. ASE System Equations
The ASE formulation in this paper follows the state-spaceformu-

lation of Refs. 1 and 5. The time-domain ASE models for stability
and response analysis are constructed from the separate models of
the AE plant and the control system expressed in a state-spaceform.
The control system includes the control surfaces driven by actua-
tors, sensors related to the structuraldegreesof freedom,and a linear
MIMO control law that relates the actuator inputs to the sensor sig-
nals. The formulationof the AE equationsof motion in a state-space
form is based on expressing the aerodynamic force coef� cient ma-
trices as rational functions of the Laplace variable s, using either
Roger’s approximation6 or the minimum-state method of Karpel.7

The open-loopASE model is a result of the augmentationof the AE
model and the state-space realization of the actuators, which leads
to the plant equations

f Px pg D [Ap ]fx pg C [Bp]fu pg (1a)

fypg D [C p]fxpg (1b)

where fu pg is the vector of actuator inputs and fypg is the vector of
sensor signals.

The vector of the plant states fx pg includes the vectors of nh

generalized displacements f» g and nh velocities f P» g, vector fxag of
na aerodynamic states, and vector fxacg of 3nc actuator states. The
ASE modeling procedure assumes that the order of each actuator is
at least three,with the number of poles larger than the number of ze-
ros by at least three.7 In the plantmodel of Eq. (1a), a control surface
i is driven by a basic third-order actuator whose states are ±ci , P±ci ,
and R±ci , where ±ci is the vector of actuator output displacementsex-
pressedin radians, namely, the hypotheticalcontrol-surfacerotation
if there were no structural dynamic effects. The associatedcontrol-
surface de� ection, with the rest of the aircraft not moving, is called
control mode. The assembly of basic actuator states fxacg contains
the subassemblies ±ci , P±ci , and R±ci . This representation yields the
strictly proper form of Eq. (1), with no direct effect of fu pg on fypg.
Higher-order actuator dynamics can be expressedby adding proper
transfer functions in series, as part of the control system that will be
addressed later.

The matrix [Ap ] may be written accordingto the components f» g,
f P» g, fxag, and fxacg of the vector fxpg as

[A p] D [ NM p]¡1[ NA p] (2)

where

[ NM p] D

2

664

[I ] 0 0 0

0 [ NM] 0 0

0 0 [I ] 0

0 0 0 [I ]

3

775
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NB.2/
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0 Eh .V=b/R B.3/
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3

775
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£
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¤
; NA12 D ¡

£
Khh C q Ahh0

¤

NA22 D ¡
£
Bhh C .qb=V /Ahh1

¤
; NA23 D ¡q[D]

NB.2/
ae D

£
¡q

£
Ahc0

¤
¡.qb=V /

£
Ahc1

¤
¡

£
Mhc C .qb2=V 2/Ahc2

¤¤

B .3/
ae D [0 [Ec] 0]

[Mhh ], [Bhh ], and [Khh ] are the modal mass, viscous damping, and
stiffness matrices; [Mhc] is the mass coupling matrix between the
control and structural modes; [Ahh0;1;2 ], [Ahc0;1;2 ], [D], [Eh;c], and
[R] are the rational aerodynamic approximation matrices; b is the
reference semichord; V is the true air speed; and q is the dynamic
pressure.

Next, theASE interactionmodelis formulatedto handleany linear
time-invariantcontrol system and enables changes in its parameters
during a multidisciplinarydesign and optimization.The ASE model
and the � xed part of the controller, which is not changed in the
optimization process, are combined into the so-called gain-open
ASE model

f Pxvg D [Av]fxvg C [Bv]fuvg (3a)

fyvg D [Cv]fxvg C [Dv]fuvg (3b)

The closed-loop ASE model is obtained using output feedback by
relatingthe inputvectorfuvg to the outputvectorfyvg via thevariable
gain matrix [Gv], which may be changedduring the design process,

fuvg D [Gv]fyvg (4)

The resulting closed-loop ASE equations of motion are

f Pxaseg D [Aase]fxaseg (5)

with

[Aase] D [Av] C [Bv ][Gv][I ¡ Dv Gv]¡1[Cv ]

The closed-loopstate-spacerealizationof the ASE systemis used
in an optimization scheme that computes the � utter, stability mar-
gins, and robust performance constraints and that utilizes the sen-
sitivities of these constraints to changes in the structural design
variables and in the control gains.

III. Structural and Control Optimization
of MIMO Uncertain Systems

The procedure of multidisciplinary structural and control opti-
mization developed in Ref. 1 presents an ef� cient tool for highly
coupledstructuraland controlaircraftdesign,which simultaneously
complies with structural (stress/strain, static aeroelastic,� utter, and
dynamic response) and control (stability and performance) design
requirements.

MIMO stabilitymargins and sensitivitieswere de� ned, following
Ref. 8, by introducingASE system uncertaintiesat the plant input or
output as described in Fig. 1. The input and output MIMO stability
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Fig. 1 MIMO stability margin
evaluation setup.

margins are de� ned with respect to uncertainties (variations) in the
matrices [L i ] and [Lo], which are assumed to be diagonal, that is,

[L i ] D diag
£
gi

l e
jÁi

l
¤
; l D 1; 2; : : : ; Ni (6a)

[Lo] D diag
£
go

k e jÁo
k

¤
; k D 1; 2; : : : ; No (6b)

where Ni and No are the number of inputs and outputs, respec-
tively, to the ASE model. At the nominal condition,gi

l D go
k D 1 and

Á i
l D Áo

k D 0 8 l; k, that is, [L i ] D INi £ Ni
and [Lo] D INo £ No

.
Suf� cient conditions for a guaranteed gain margin Ngi and phase

margin NÁi at any input to the gain-open ASE plant are8

[.1 ¡ 1= Ngi /2 C 2.1 ¡ cos NÁi /= Ngi ]
1
2 < ¾ fI ¡ Gv Pvg (7a)

or

[.1 ¡ Ngi /2 C 2 Ngi .1 ¡ cos NÁi /]
1
2 < ¾

©
I ¡ [Gv Pv ]¡1

ª
(7b)

where

[Pv.s/] D [Cv][s I ¡ Av]¡1[Bv] C [Dv ]

and ¾ f¢g is the minimum singular value of the argument matrix
evaluated at s D j! 8 ! ¸ 0. Suf� cient conditions for output gain
and phase margins are similar to the inequalitiesof Eqs. (7), except
those of replacing the [Gv Pv] terms with [Pv Gv]. Sensitivities of
these stability margins are readily incorporatedin the ASE module.

In this paper, the multidisciplinarydesign and optimization pro-
cedure of Ref. 1 is extended to handle MIMO ASE systems with
model uncertainties.The main design steps are as follows:

1) The design of a baseline structure can be obtained by the op-
timization of an initial structure with static and/or open-loop � utter
constraints only.

2) With regards to the modeling of the baseline system uncertain-
ties, clearly, the uncertainty model depends on the baseline system
characteristics and the variable parameters. The modeling should
be realistic, that is, parametric, to reduce overbounding and, thus,
over-design.

3) Robust control synthesis using the baseline system and the
uncertainty model for a prespeci�ed design point (velocity and dy-
namic pressure) is aimed at satisfying the basic robust stability and
additional robust closed-loop performance requirements. The re-
sults of this control synthesis step determine the following design
stages.

4) If the controller synthesis is successful (i.e., all of the robust
stabilityand performancerequirementsare met), a multidisciplinary
optimization of the closed-loop system is performed to guarantee
� utter margins and control performance for a range of velocity and
dynamic pressure values outside the control design point. If the
design is satisfactory, quit the procedure; if not, repeat step 3 with
the new optimized structure.

5) If thecontrolsynthesisis not successful(i.e., the control system
obtainedin step 3 does not complywith all of the robust stability and
performance requirements), the designerhas to modify the baseline
structure or the design speci� cations. One way would be to reduce
the uncertainty range. Alternatively, a closed-loop optimization of
the baselinestructurewith thecontrolsystem of step 3 can be carried
out to obtain a modi� ed structure. The latter was found to be most
ef� cient in actual design examples. The optimization is carried out
using the following guidelines and constraints:

a) Flutter constraints guarantee closed-loop system stability.

b) Single input/single output and MIMO stability margins to-
gether with additional low-frequency control constraints must be
tightened compared to the baseline design to obtain an improved
structure.

c) Additional, for example, static, constraints can be introduced,
although most often the design speci� cations and constraints of
step 1 can be retained.

6) It can be anticipatedthat the structureobtained in the preceding
step will be heavier than the initial one. In this case the obtained
structure is used as the new baseline for step 3, where a new robust
controller for the new system is synthesized.If the structurewas not
changed in the optimizationand the requiredconstraintswere satis-
� ed just by modifying the changeablepart of the control system, the
control design of step 3 should be repeated with the initial baseline
structure and modi� ed control design speci� cations, guided by the
� ndings of step 5.

This procedure enables the inclusion of various structural and
robust-controlsynthesis schemes in a common aircraft design loop.
The control design results in a controller that provides the best per-
formance and stability margins with respect to structural perturba-
tions of a given structureand de� nes the control parameters that can
be tuned during the subsequent structuraloptimization.This proce-
dure can be repeated several times, providinga common framework
for interactionbetween structures and control specialists. The ASE
system uncertainty modeling and a related design scenario for a
sample aircraft are presented in the subsequent sections.

IV. Model of the Inertial Uncertainties
Modeling of the ASE system uncertainty is based on its sensi-

tivity data and the linear fractional transformation tools. The novel
proceduredevelopedherecaneasilyhandleavarietyofmodeluncer-
tainties, includingvariationsin the structuraland inertial properties,
uncertainties in the aerodynamicdata, and more. As an example, in
this study we consider only uncertainties in the inertial properties
of the controlled structure. The inertial variations are expressed in
terms of changesin the mass, moments of inertia, and positionof the
centers of gravity of lumped parts of the structure. This is a typical
design problem for aircraft with external stores. Inertial variations
were not treated in previous robust ASE works,4 mainly because of
the modeling complexity that arises from the inversion of the mass
matrix [ QM hh ] in Eq. (2). These perturbationslead to deviationof the
modal mass matrix [Mhh ] from its nominal, that is,

[ QMhh ] D [ NMhh ] C [1Mhh] (8)

where [ NM hh] is the nominal matrix and [1Mhh] is its variation
causedby the model uncertainty.We adopt the � xed-basismodal ap-
proach, which assumes that the structural displacements of the per-
turbed system can be adequately expressed as a linear combination
of the baselinenormal modes. Whereas the baselinematrix [ NMhh ] is
diagonal, the variation [1Mhh ] is not. Fictitious-mass techniques9

can be used to allow large local mass changeswith a � xed modal ba-
sis. In this work, however, becausethe mass perturbationsare added
to already-large lumped inertial properties of a tip store, � ctitious
masses are not required.

We analyze the contribution of local mass and moment of iner-
tia variations to the ASE model uncertainty without changing the
centersofmass of the lumpedelements.Becauseof the lineardepen-
dence of the global � nite element mass matrix on the local masses
and momentof inertia, the modal mass matrix variationis also linear
in those parameters and is expressed as

[1Mhh ] D @[Mhh]

@m
1m (9)

where m is the mass (or moment of inertia) of the disturbed part of
the structure and 1m is the actual variation in the mass (or moment
of inertia).

The derivative @[Mhh ]=@m is obtained by pre- and postmultipli-
cation of the sensitivity of the global � nite element mass matrix
[Mgg ] by the normal modes [Ág]:

@ [Mhh ]

@m
D [Ág]T @[Mgg]

@m
[Ág ] (10)
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With the relations of Eqs. (9) and (10), Eq. (8) becomes

[ QMhh ] D [ NM hh ] C [DM]± (11)

where ± 2 [¡1; 1] is the normalized uncertainty and [DM] is the
sensitivity of the modal mass matrix to ± expressed as

[DM] D @[Mhh ]

@m
k Nm (12)

Here Nm is the nominal mass (or moment of inertia) of the perturbed
part of the structure, and k is the ratio between the maximum mass
perturbation and the nominal mass Nm , that is, ¡k Nm · 1m · k Nm .

Equation (11) can be cast in the form of a lower linear fractional
transformation (LFT) (see, for example, Ref. 10) as

[ QMhh ] D F`.Ml ; 1/ D Ml
11 C Ml

121
¡
I ¡ Ml

221
¢¡1

Ml
21 (13)

where

Ml D

"
Ml

11 Ml
12

Ml
21 Ml

22

#
D

µ NMhh DM

Ih 0

¶

1 D [Ih]±

where the superscript l denotes the linear uncertainties.
The dependenceof the modal mass matrix on variationsor uncer-

tainty in the centersof gravity of lumped mass elements is quadratic.
For example, an offset 1x in the x direction between a structural
grid point and the center of gravity of the mass lumped to this point
leads to a deviation of the grid point mass matrix [Mgp] as follows:

[1Mgp]
1D [A1]1x C [A2]1x2

D

2

66666664

0 0 0 0 0 0

0 0 0 0 0 m1x

0 0 0 0 ¡m1x 0

0 0 0 0 0 0

0 0 ¡m1x 0 m1x2 0

0 m1x 0 0 0 m1x2

3

77777775

(14)

In general, for any normalized variation ± 2 [¡1; 1] in the center of
gravity the relation is

[ QM hh] D [ NMhh ] C
£
DM .1/

¤
± C

£
DM .2/

¤
±2 (15)

where
£
DM .i /

¤
D [Ág]T [Ai ][Ág]ecg (16)

and ecg D max.1x/.
Equation (15) can be expressed as an LFT

[ QMhh ] D F`.Mq ; 1/ (17)

where

Mq
11 D [ NMhh ]; Mq

12 D
£
DM .1/ DM .2/

¤

Mq
21 D

µ
Ih

0

¶
; Mq

22 D
µ

0 0

Ih 0

¶

1 D [I2h ]±

For any nu uncertainties in the ASE system, the modal mass
matrix is constructed as a sum of LFTs

[ QMhh ] D F`.M; 1/ (18)

where

M11 D [ NMhh ]; M12 D
£
M1

12 M2
12 ¢ ¢ ¢ Mnu

12

¤

M21 D

2

66664

M1
21

M2
21

:::

Mnu
21

3

77775
; M22 D diag

¡
M1

22; M2
22; : : : ; Mnu

22

¢

1 D diag
¡
[I ]±1; [I ]±2; : : : ; [I ]±nu

¢

Every linear uncertainty inserts matrices Mi j of the form given by
Eq. (13), and uncertainties with quadratic dependence insert ma-
trices of the form given by Eq. (17). The identity matrices in the
expression for the 1 matrix are of order nh for linear uncertainties
and 2nh for quadratic.

The derived model of the modal mass matrix is used next to
construct the uncertainty model of the ASE system equations of
motion. In particular, the mass matrix [ NM p] of Eqs. (1a) and (2)
depends on the modal mass matrix [ QMhh ]. Therefore, the model
of [ NM p] with uncertaintiescan be easily expressedas an LFT of the
model uncertainties

[ QM p] D F`. NM; 1/ (19)

where

NM11 D [ NM p]; NM12 D

2

664

0

M12

0

0

3

775

NM21 D [0 M21 0 0]; NM22 D M22

The matrix product [ NM p ]¡1[ NA p] is also an LFT, leading to the
following equation of motion

f Pxpg D F`. NN ; 1/fx pg C [Bp ]fu pg (20)

where

NN D

"
NM¡1

11
NA p ¡ NM¡1

11
NM12

NM21
NM¡1

11
NA p

NM22 ¡ NM21
NM¡1

11
NM12

#

D

"
A p ¡ NM¡1

11
NM12

NM21 A p
NM22 ¡ NM21

NM¡1
11

NM12

#

Perturbation of the modal mass matrix also affects the equation
of the plant outputs in the case of accelerationmeasurements,where
the [C p ] matrix becomes

[C p] D [Áy ][ NM]¡1
£

NA12
NA22

NA23
NB.2/

ae

¤
D [Áy][ NM]¡1

£
NA.2/

p

¤

(21)

where [Áy ] is the row vectorof modal displacementsat the sensor lo-
cation. With the precedingmodels of the mass matrix uncertainties,
the output equation can be expressed as

fypg D F`. NN
O
; 1/fxpg (22)

where

NN O D

"
C p ¡[Áy ] NM¡1

11
NM12

NM21 Ap
NM22 ¡ NM21

NM¡1
11

NM12

#

Note that NN O

21 D NN 21 and NN O

22 D NN 22.
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Finally, after opening the uncertainty1 block loop and perform-
ing some elementary LFT operations, the model of the uncertain
ASE system is expressed as

f Px pg D [Ap]fxpg C [B1]fu±g C [Bp ]fu pg (23a)

fy±g D [C1]fxpg C [D11]fu±g (23b)

fypg D [C p ]fxpg C [D21]fu±g (23c)

where [B1] D NN 12 , [C1] D NN 21, [D11] D NN 22 , and [D21] D NN O

12 and
fu±g and fy±g represent, respectively, the inputs and outputs of
the uncertainty block. The transfer function matrix for the overall
augmented plant becomes

P.s/ D

2

64
A p B1 Bp

C1 D11 0

C p D21 0

3

75 (24)

The preceding procedure may result in a repeated scalar uncer-
tainty block of a relatively large dimension. Because the dimension
and, thus, complexity of a controller synthesizedusing design tech-
niques such as ¹ depends on the size of the uncertainty block, it
is desirable to reduce it to a minimum. In the repeated scalar un-
certainty case, this can be accomplished using minimum realiza-
tion techniques, as is discussed in Ref. 11. There, if the repeated
scalar block variable is interpreted as the Laplace s variable, the
size minimization procedure is equivalent to obtaining a minimum
state-spacerealizationof a dynamic system.11 This procedure leads
to a minimum dimensional uncertainty block representation only
when the 1 contains one repeated scalar block. If the uncertainty is
modeled by a few repeated scalar blocks, the same procedure can
be repeated for each block, but no minimum can be guaranteed.
In any case, the reduction of the uncertainty block 1 is extremely
desirable, leading to a simpli� ed design.

The modeling procedurepresented demonstrates the ef� cient use
of the LFT tools for modeling a wide variety of ASE model uncer-
tainties, assuming their dependence on the physical system param-
eters is rational. This type of dependence was encountered while
modeling uncertainties in the system inertial properties. The mod-
eling procedure can deal ef� ciently with the dif� culties associated
with the mass matrix inversion in the ASE model and with the
quadratic dependenceon the variations in the lumped-elementcen-
ter of gravity. Complex rational dependence may lead to repeated
scalar block uncertainty models, as is the case when considering
modal mass perturbations.

V. Test-Case Aircraft Model
The uncertaintymodelingand multidisciplinarydesignprocedure

presentedis testedusing the AE model of a generic advanced� ghter
aluminum (AFA) aircraft. The � nite element ASTROS model has
an all-movable horizontal tail and four control surfaces on each
wing, where only the two trailing-edgecontrol surfaces are used for
maneuvering. The aircraft structural model is shown in Fig. 2. The
skin of the wing torsion box is subject to structural optimization.
A top view of the wing box divided into 13 design zones is shown
in Fig. 3. The design variables are the thickness of the upper and
lower aluminumskins in the 13 designzones, leading to a total of 26
structuraldesignvariables.More detailson this model may be found
in Ref. 12, where the model is optimized for minimum weight, with
only stress and static AE constraints.

The unsteady aerodynamicmodel of AFA is shown in Fig. 4. The
model consists of nine aerodynamic panels representing the fuse-
lage, inboard and outboard parts of the wing, four control surfaces,
a tip missile, and a horizontal tail. The panels representingthe fuse-
lage and the horizontal tail are attached to the support grid point
of the structural model. Four root boxes of the inboard LEF panel
are also attached to this point. Wing, control surfaces, and missile
panels are splined to the structural grid points.

Fig. 2 AFA structural model.

Fig. 3 AFA wing structural model.

Fig. 4 Unsteady aerodynamic model.

VI. Model of Uncertainty due to Tip-Store
Inertial Deviations

In the numerical example we tackle the uncertainties in the in-
ertial properties of the AFA wing-tip store, a wing-tip missile. The
missile inertial properties are represented in ASTROS by a concen-
trated mass element attached to a grid point located at the nominal
missile c.g. Uncertainties of three inertial properties of the tip mis-
sile are considered in this study: the total mass, the pitch moment of
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inertia about c.g., and the c.g. location in the x-axis direction.These
uncertainties are expressed as

1m z D mz ¡ Nm z D Nm zkz±1 (25a)

1Iyy D Iyy ¡ NIyy D NIyy kyy±2 (25b)

1xcg D xcg ¡ Nxcg D ecg±3 (25c)

where mz , Iyy , and xcg are, respectively, the missile mass, moment
of inertia, and c.g. x coordinate, with Nmz , NIyy , and Nxcg represent-
ing their nominal values. Here kz and kyy are the maximal relative
uncertainties in m z and Iyy , and ecg is the maximum displacement
of c.g. from its nominal position; ±i 2 [¡1; 1] are the normalized
uncertainties.

Becauseof the lineardependenceof the modal mass matrix on m z

and Iyy , these uncertaintiesare modeled according to Eqs. (10–12).
The effects of mass changes are considered only in the z (vertical)
direction, assuming that the in-plane mass-change effects are neg-
ligible. Because the mass variations in z-axis direction, as well as
the moment of inertia Iyy , lead to changes only in a single element
of the global mass matrix of the � nite element model, the pre- and
postmultiplicationsin Eq. (10) can be performedusing only one row
of the mode matrix [Ág]. The quadraticallydependentc.g. variations
are modeled according to Eqs. (14–16).

The overall state-spacemodel and the transfer function matrix of
AFA with uncertaintiesareobtainedaccordingto Eqs. (23) and (24),
leading to an uncertainty matrix 1 that consists of two nh repeated
scalar blocks and one 2nh repeated scalar block. The size of 1 is
reduced to six using the techniqueof Ref. 11 with two scalar blocks
and one repeated scalar block of four.

VII. Controller Design
The interconnectionmodel used in the robust controllerdesign is

presented in Fig. 5. It incorporates the AFA ASE dynamics model
with its uncertainties 1, performance speci� cation functions, and
design constraints.The latter are speci� ed using the variousweight-
ing functions W.¢/. The synthesis results in a dynamic controller
K .s/.

The main design goal is to provide robust stability and level-one
roll-rate performance of the AFA in compliance with MIL-STD.13

This is dictated in the design with the reference model

Wref.s/ D 2:076
.0:2s C 1/.0:27s C 1/

(26)

This model assures 20% better than high-speed level-one roll-rate
performance,de� ned by the time it takes the aircraft to reachvarious
roll angles: 90 deg in 1.4 s, 180 deg in 2.3 s, and 360 deg in 4.1 s.
The allowable differencebetween this desired reference model and
the actual aircraft response is speci� ed by

We.s/ D 5=.0:08s C 1/ (27)

Fig. 5 Robust-control design interconnection model.

requiring a roll-rate error lower that 10% of its maximum reference
value in the frequency range of up to 2 Hz. Together with the slight
overdesign requirement in the speci� ed reference model, this will
assure level-one roll performance.

The normalizedpilot roll command is bandlimited to about 1 Hz,
speci� ed by the Wi weight

Wi .s/ D .0:01s C 1/

.0:2s C 1/
(28)

The inputs to the controller are the measured pilot commands
and the measured aircraft roll rate. Both signals are assumed to be
contaminated with additive white measurement noise with power
spectral densitiesspeci� ed by the constants Wd and Wn . In addition,
an integral control action is obtained by introducing the weighting
function (approximate integration)

Wy.s/ D .0:002s C 1/

.100s C 1/
(29)

acting on the measured roll rate.
Finally, the aileron de� ection angles used for the roll maneuver

were limited by setting the actuator weighting function Wu to the
reciprocal of a realistic limit of 13 deg of aileron de� ection.

VIII. Numerical Results
The preliminarystructuraldesignwas aimed to providea baseline

for consequent robust control design and closed-loopoptimization.
The design was initiated with a basic structuralmodel with uniform
thickness of 0.5 in. assigned to all of the design skin elements, with
a total weight of 779.5 lb. Stress and open-loop � utter constraints
were applied in the � rst optimization run. The stresses were calcu-
lated for a single symmetric 9 g pull-up maneuver at Mach 0.95.
The von Mises stressesof the skin elementswere constrainedto less
than 36,700psi.The � utter constraintswere appliedfor antisymmet-
ric boundary conditions at Mach 0.9. There were 30 low-frequency
modes, including 1 rigid-body mode, used for updating the modal
properties and performing ASE analysis during the optimization.
There were 13 reduced frequencyvalues between 0.0 and 0.29 used
to generate the aerodynamic data base. The nominal design veloc-
ity was de� ned as 12,057 in./s. Flutter design points were de� ned
at seven velocity values of 9000; 10,000; 11,000; 12,057; 13,000;
14,000; and 14,470 in./s. Two additional velocity values were used
to provide the required � utter margins. The structural damping was
set to g D 0:02 and was converted to generalized viscous damping
matrix using [Bhh ] D g[!h], where [!h ] is the diagonal matrix of
natural frequencies. The � utter constraints required positive damp-
ing at all of the design points.

The optimization performed in ASTROS employed the modal-
based static disciplines described in Refs. 12 and 14 and the ASE
module. The total weight of the wing box skin was reduced to
486.8 lb. The resulting structure was then used as the baseline for
the robust controller design.

The state-space model of the baseline structure at the design
velocity of 12,057 in./s was constructed next by the ASE mod-
ule of ASTROS. It included 40 structural states, representing 20
low-frequency modes (including 1 rigid-body roll mode), 10 aero-
dynamic states, and 6 actuator states, representing the 2 trailing-
edge aileron actuators, leading to a total of 56 states. The inputs
were the commands u p1 and u p2 to the outboard and inboard wing
trailing-edge actuators, respectively. The only output yp was the
roll-rate reading. The state-space matrices [A p], [Bp], and [C p] of
that model were stored in a data � le, which was then exported into
the MATLAB® environment for consequent control design. In ad-
dition, the data � les also included the sensitivity matrices of the
preceding model to variations (uncertainties) in the system’s phys-
ical parameters. These sensitivities are used in the MATLAB code
to construct the overall system uncertainty model.

The uncertaintiesof the tipmissilemass and the momentof inertia
were bounded to §30% of their nominalvalues, and the uncertainty
of the tip missile center of gravity was bounded to §10 in. First,
a full uncertainty model of the system was constructed. Then, the
order of each of the mass and the moment of inertia uncertainty
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blocks was reduced from 20 to 1, whereas the order of the center of
gravity uncertainty block was reduced from 40 to 4.

The interconnectionmodel of Fig. 5 was used for a ¹-controller
synthesisusing the MATLAB ¹-Analysis and Synthesis Toolbox.15

The sparse structure of the uncertainty block motivated the use of
¹ synthesis, which has the potential of less conservative designs
in such structureduncertainty cases. The design process converged
after 8 D-K iterations,with a structured singularvalue of ¹ D 1:18.
The 205th order controller was order reduced using the balanced
truncation technique to 47, with negligible effect on the value of
¹. The structured singular value plot shown in Fig. 6 demonstrates
the violation of the requirement for ¹ · 1, indicatingthat the robust
performance speci� cations were not met.

To reach the required performance, the baseline structure had to
be modi� ed. The state-space model of the ¹ controller was written
by the MATLAB code in the bulk-data format of ASTROS. Within
ASTROS, the controller was connected to the ASE model through
two additional design gains on the controller output. The result-
ing closed-loop model was then subjected to multidisciplinaryop-
timization where structural properties and the two additional gains
can change simultaneously. The baseline values of these control
gains were G1 D 1 and G2 D 1, with magnitude limits of §20%.
The same stress and � utter constraints as in the preliminary struc-
tural design were applied together with additional control related
constraints. In particular, constraints on the minimum singular val-
ues of the closed-loop system (for MIMO robustness) and on the
total dc gain of the open-loop system were introduced. The latter
constraints were increased by about 10% compared to their values
in the baseline structure. As before, 30 low-frequency modes were
used in the optimization process.

The optimizationweight history is shown in Fig. 7. All of the con-
straintswere satis� ed by increasingthe structuralweight to 505.1 lb

Fig. 6 Structured singular value.

Fig. 7 Optimization weight history.

Fig. 8 Thickness changes (in percent) of wing box skin for structural
zones (upper number is for upper skin, lower number for lower skin).

Fig. 9 Roll response to step command.

and slightly changing the overall controllergains to G1 D 0:985 and
G2 D 0:933. Changes in the structuraldesignvariablesfor each zone
are shown in Fig. 8. The increase in the weight and the minor re-
duction in the controller gains show that the performance require-
ments cannot be achieved just by controller redesign and require
modi� cations of the structure.To satisfy the addition singularvalue
constraints,the structureweight was increased leading to a decrease
in the required controller gains (due to increase in the AE control
effectiveness).

The second ¹ controllerwas designed for the modi� ed structure.
The design process converged after 5 D-K iterations, with a struc-
tured singularvalueof ¹ D 0:93 and a 171st-ordercontroller.Again,
the controller order was reduced to 40 with a negligible effect on
the structured singular value, as shown in Fig. 6.

The roll angle response of the � nal AFA design to a step
command input for the extreme uncertainty values is shown in
Fig. 9. The uncertainty cases of ± D .1; 1; 1/, ± D .1; ¡1; 1/, and
± D .¡1; ¡1; ¡1/ demonstratevery similar responseas the nominal
system [± D .0; 0; 0/]. In addition, the ± D .¡1; 1; 1/ case demon-
strates almost an identical responseas the ± D .¡1; ¡1; 1/ case. For
all of the cases, a roll angle of 90 deg is reached in about 1.3 s,
180 deg in 2.1 s, and 360 deg in 3.6 s, all faster than the level-one
requirements.13

IX. Conclusions
A methodology for modeling ASE system uncertainty is de-

veloped. This methodology provides a tool for constructing an
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uncertain or parameter-variableASE system model while minimiz-
ing the uncertaintyoverbounding.The conceptand procedurefor ro-
bust ASE designof MIMO uncertainsystemspresented in this study
facilitate an ef� cient multidisciplinarydesign optimization process
that incorporates modern methods of robust-control synthesis and
analysis. The effectivenessof the proposed procedure relies on the
ef� cient transfer of data, constraints, and requirementsbetween the
various disciplines involved. In addition, ef� ciency is obtained by
a reliable and compact modeling of the ASE system uncertainties.
The combinationof the overalldesignprocedureand the uncertainty
modeling tools lead to ASE systems that satisfy both stress and AE
requirements, as well as robust stability and robust closed-loopper-
formance requirements.This was clearly demonstratedusing a real-
istic test case design of a � ghter aircraftwith tip-missile(store) iner-
tial uncertainties.The adequatemodeling and robustdesign process
over relatively large deviations of the store mass, moments of iner-
tia, and c.g. location can be very useful at preliminary ASE design
stages of an aircraft capable of carrying a large variety of external
stores.
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